UNDERSTANDING
LINE DRAWINGS OF
SGENES WITH SHADOWS

2.1 INTRODUCTION

How do we ascertain the shapes of unfamiliar objects? Why do we so seldom
confuse shadows with real things? How do we “factor out” shadows when
looking at scenes? How are we able to see the world as essentially the same
whether it is a bright sunny day, an overcast day, or a night with only
streetlights for illumination? In the terms of this paper, how can we recognize
the identity of Figs. 2.1 and 2.2? Do we use learning and knowledge to
interpret what we see, or do we somehow automatically see the world as
stable and independent of lighting? What portions of scenes can we
understand from local features alone, and what configurations require the use
of global hypotheses?
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Fig. 2.1

In this essay I describe a working collection of computer programs
which reconstruct three-dimensional descriptions from line drawings which are
obtained from scenes composed of plane-faced objects under various lighting
conditions. The system identifies shadow lines and regions, groups regions
which belong to the same object, and notices such relations as contact or lack
of contact between the objects, support and in-front-of/behind relations
between the objects as well as information about the spatial orientation of
various regions, all using the description it has generated. '

2.1.1 Descriptions

The overall goal of the system is to provide a precise description of a plausible
scene which could give rise to a particular line drawing. It is therefore
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important to have a good language in which to describe features of scenes.
Since I wish to have the program operate on unfamiliar objects, the language
must be capable of describing such objects. The language I have used is an
expansion of the labeling system developed by Huffman' in the United States
and Clowes? in Great Britain.

The language employs labels which are assigned to line segments and
regions in the scene. These labels describe the edge geometry, the connection
or lack of connection between adjacent regions, the orientation of each region
in three dimensions, and the nature of the illumination for each region
(illuminated, projected shadow region, or region facing away from the light
source). The goal of the program is to assign a single label value to each line
and region in the line drawing, except in cases where humans also find a
feature to be ambiguous.

This language allows precise definitions of such concepts as supported
by, in-front-of, behind, rests-against, is-shadowed-by, is-capable-of-supporting,
leans-on, and others. Thus, if it is possible to label each feature of a scene
uniquely, then it is possible to directly extract these relations from the
description of the scene based on this labeling.

2.1.2 Junction Labels

Much of the program’s power is based on access to lists of possible line label
assignments for each type of junction in a line drawing. Depending on the
amount of computer memory available, it may either be desirable to store the
complete lists as compiled knowledge or to generate the lists when they are
needed. In my current program the lists are for the most part precom-
piled.

The composition of the dictionary is interesting in its own right. While
some junction types require many dictionary entries, others require relatively
few. Moreover, in some cases local information about the relative brightness
of the surrounding regions and about the directions of the lines may severely
limit the number of relevant dictionary entries for any particular junction. In
other cases such information has little effect.

Figure 2.3 shows all the junction types which can occur in the universe
of the program. The dictionary is arranged by junction type, and a standard
ordering is assigned to all the line segments which make up junctions (except
FORKs and MULTIs). There is a considerable amount of local information
which can be used to select a subset of the total number of junction
configurations which are consistent with physical reality. '

For example the program can use local region brightness and line
segment direction to preclude the assignment of certain labels to lines. If it
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knows that one region is brighter than an adjacent region, then the line which
separates the regions can be labeled as a shadow region in only one way.
There are other rules which relate region orientation, light placement and
region illumination as well as rules which limit the number of labels which can
be assigned to line segments which border the support surface for the scene.
The program is able to combine all these types of information in finding a list
of appropriate labels for a single junction.

2.1.3 Combination Rules

Combination rules are used to select the label, or labels, which correctly
describe the scene features that could have produced each junction in the
given line drawing. The simplest type of combination rule merely states that a
label is a possible description for a junction if and only if there is at least one
label which “matches” it assigned to each adjacent junction. Two junction
labels “match” if and only if the line segment which joins the junctions gets
the same interpretation from both of the junctions at its ends.

I thought at the outset of my work that it might be necessary to
construct models of hidden vertexes or features which faced away from the
eye in order to find unique labels for the visible features. The difficulty in
this is that unless a program can find which lines represent obscuring edges, it
cannot know where to construct hidden features, but if it needs the hidden
features to label the lines, it may not be able to decide which lines represent
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obscuring edges. As it turns out, no such complicated rules and constructions
are necessary in general; most of the labeling problem can be solved by a
scheme which only compares adjacent junctions.

2.1.4 Experimental Results

The program computes the full list of dictionary entries for each junction in
the scene, eliminates from the list those labels which can be precluded on the
basis of local -features, assigns each reduced list to its junction, and then a
filtering program computes the possible labels for each line, using the fact that
a line label is possible if and only if there is at least one junction label at each
end of the line which contains the line label. Thus, the list of possible labels
for a line segment is the intersection of the two lists of possibilities
computed from the junction labels at the ends of the line segment. If any
junction label would assign an interpretation to the line segment which is not
in this intersection list, then that label can be eliminated from consideration.
The filtering program uses a network iteration scheme to systematically
remove all the interpretations which are precluded by the elimination of labels
at a particular junction.

Initially I had intended to have a tree search program follow the
filtering program, but to my amazement I found that in the first few scenes I
tried, this program alone found a unique label for each line. Even when I tried
considerably more complicated scenes, there were only a few lines in general
which were not uniquely specified, and some of these were essentially
ambiguous, i.e. I could not decide exactly what sort of edge gave rise to the
line segment myself. The other ambiguities, i.e. the ones which I could resolve
myself, in general require that the program recognize lines which are parallel
or collinear or recognize regions which meet along more than one line
segment and hence require more global agreement.

I have been able to use this system to investigate a large number of line
drawings, including ones with missing lines and ones with numerous
accidentally aligned junctions. From these investigations I can say with some
certainty which types of scene features can be handled by the filtering
program and which require more complicated processing. Whether or not more
processing is required, the filtering system provides a computationally cheap
method for acquiring a great deal of information. For example, in most scenes
a large percentage of the line segments are unambiguously labeled, and more
complicated processing can be directed to the areas which remain ambiguous.

Figure 2.4 shows some of the scenes which the program is able to
handle. The segments which remain ambiguous after its operation are marked
with stars, and the approximate amount of time the program requires to label
each scene is marked below it. The computer is a PDP-10, and the program is
written partially in MICRO-PLANNER? and partially in compiled LISP.
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(48 seconds)

Fig. 2.4 (continued)

2.2 LINE LABELS

In what follows I frequently make a distinction between the scene itself
(objects, table, and shadows) and the retinal representation of the scene as a
two-dimensional line drawing. I will use the terms vertex, edge and surface to
refer to the scene features which map into junction, line and region
respectively in a line drawing.

Our first subproblem is to develop a language that allows us to relate
these two worlds. I have done this by assigning names called labels to lines in
the line drawing, after the manner of Huffman' and Clowes.? Thus, in
Fig. 2.5 line segment J1-J2 is labeled as a shadow edge, line J2-J3 is labeled
as a concave edge, line J3-J14 is labled as a convex edge, line J4-J5 is labeled
as an obscuring edge and line J12-J13 is labeled as a crack edge. Thus, these
terms are attached to parts of the drawing, but they designate the kinds of
things found in the three-dimensional scene.

Pay particular attention to the notation used to label the lines. When I
talk of junction labels I refer to the various possible combinations of such line
labels around a junction. Each such combination is thought of as a particular
junction labeling.

When we look at a line drawing of this sort, we usually can easily
understand what the line drawing represents. In terms of a labeling scheme
either (1) we are able to assign labels uniquely to each line, or (2) we can say
that no such scene could exist, or (3) we can say that although it is
impossible to decide unambiguously what the label of an edge should be, it
must be labeled with one member of some specified subset of the total
number of labels. What knowledge is needed to enable the program to
reproduce such labeling assignments?

»
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2.2.1 System Knowledge

The knowledge of this system is expressed in several distinct forms:

1. A list of possible junction labels for each type of junction geometry

includes the a priori knowledge about the possible three-dimensional
interpretations of a junction.

Selection rules which use junction geometry, knowledge about which
region is the table, and region brightness. These can easily be
extended to use line segment directions to find the subset of the
total list of possible junction labelings which could apply at a
particular junction in a line drawing.

. A program to find the possible labelings; it knows how to

systematically eliminate impossible combinations of labels in a line
drawing and, as such, contains implicit knowledge about topology.
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4. Optional heuristics which can be invoked to select a single labeling
from among those which remain after-all the other knowledge in the
program has been used. These heuristics find a “plausible interpre-
tation if required. For example, one heuristic eliminates interpre-
tations that involve concave objects in favor of ones that involve
convex objects, and another prefers interpretations which have the
smallest number of objects; this heuristic prefers a shadow interpre-
tation for an ambiguous region to the interpretation of the region as
a piece of an object.

In this section I show how to express the first type of knowledge and
give hints about some of the others. A large proportion of my energy and
thought has gone into the choice of the set of possible line labels and the sets
of possible junction labels. In this I have been guided by experiment with my
program, since there are simply too many labels to hand simulate the
program’s reaction to a scene. The program, the set of edge labels, and the
sets of junction labelings have each gone through an evolution involving
several steps. At each step I noted the ambiguities of interpretation which
remained, and then modified the system appropriately.

The changes have generally involved (1) the subdivision of one or more
edge labels into several new labels embodying finer distinctions and (2) the
recomputation of the junction label lists to include these new distinctions. In
each case 1 have been able to test the new scheme to make sure that it solves
the old problems without creating any unexpected new ones. For example,
the initial data base contained only junctions (1) which represented trihedral
vertexes (i.e., vertexes caused by the intersection of exactly three planes at a
point in space) and (2) which could be constructed using only convex objects.

The present data base has been expanded to include all trihedral
junctions and a number of other junctions caused by vertexes where more
than three planes meet.

Throughout this evolutionary process I have tried to systematically
include in the lists every possibility under the stated assumptions. In this part
of the system I have made only one type of judgement: if a junction can
represent a vertex which is physically possible, include that junction in the
data base.

Each type of junction (L, ARROW, FORK) can only be labeled in a
relatively small number of ways; thus if we can say with certainty what the
label for a particular line must be, we can greatly constrain all other lines
which intersect that line segment. As a specific example, if one branch of an
L junction is labeled as a shadow edge, then the other branch must be labeled
as a shadow edge as well.

Moreover shadows are directional, i.e., in order to specify a shadow
edge, it must not only be labeled ‘“shadow” but must also be marked to
indicate which’ side of the edge is shadowed and which side is illuminated.
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Therefore, not only the type of edge but the nature of the regions on each
side can be constrained.

2.2.2 Better Edge Description

So far I have classified edges on the basis of geometry (concave, convex,
obscuring, or planar) and have subdivided the planar class into crack and
shadow subclasses. Suppose that I further break down each class according to
whether or not each edge can be the bounding edge of an object. Objects can
be bounded by obscuring edges, concave edges, and crack edges. Figure 2.6

Interpretation

R1 - An inseparable concave edge; the object of which R1 is a part [OB(R1)] is
R2 the same as [OB(R2)].
R1 - A separable two-object concave edge; if [OB(R1)] is above {OB(R2)] then
R2 < [OB(R2)] supports [OB(R1}1.
R1 ~— . - '

3 Same as abovg, if R1 is above R2, then [OB(R2)] obscures [OB(R1}] or
R2 [OB(R1)] supports [OB(R2)].
R1 — . .

< A separable three-object concave edge; neither [OB(R1)1 nor [OB(R2)]
R2 can support the other.
R1 C

E?+— A crack edge; [OB(R2)] is in front of {OB(R1}] if R1is above R2.

2; ¢ A crack edge; [OB(R2)] supports [OB(R1)] if R1 is above R2.
Separations

- —— —_ -— >\ ——— Y +

-A — A cA — | A

-V — \\'4 C h —_— v+
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Old labeling New labeling

Fig. 2.6 (continued)

shows the results of appending a label analogous to the “obscuring edge”
mark to crack and concave edges. This approach is similar to one first
proposed by Freuder.?

2.2.3 Edge Geometry

The first problem is to find-all possible trihedral vertexes. Huffman observed
that three intersecting planes, whether mutually orthogonal or not, divide
space into eight parts so that the types of trihedral vertex can be
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characterized by the octants of space around the vertex which are filled by
solid material.!

Consider the general intersection of three planes shown in Fig. 2.7.
These planes divide space into octants, which can be uniquely identified by
three-dimensional binary vectors (x y z) where the X, y, and z directions are
specified as shown. The vectors make it easy to describe the various
geometries precisely. I can then generate all possible geometries and
nondegenerate views by imagining various octants to be filled in with solid
material. There are junctions which correspond to having 1, 2,3,4,5,6,0r7
octants filled. Figure 2.8 shows the ten possible geometries that result from
filling various octants; when considered from all possible viewing positions
these ten geometries produce 196 different junction labelings. There are some
other geometries which I have chosen not to use to generate junction labels. I
have not included these geometries because each involves objects which touch
only along one edge, and whose faces are nonetheless aligned, an extremely
unlikely arrangement when compared to the other geometries. (In addition,
some of the geometries are physically impossible unless one or more objects
are cemented together along an edge or supported by invisible means.)

The four geometries recognized by Huffman and Clowes correspond to
my numbers 1, 3, 5, and 7 in Fig. 2.8.

In Fig. 2.9 I show how the 20 different labels with type 3 geometry can
be generated. Basically this process involves taking a geometry from Fig. 2.8,
finding all the ways that the solid segments can be connected or separated,
and finding all the possible views for each partitioning of the octants. To
generate all the possible views one can either draw or imagine the particular
geometry as it appears when viewed from each octant. From some viewing
octants the central vertex is blocked from view by solid material, and
therefore not every viewing position adds new labelings.
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Whenever one of the regions at a junction could correspond to the
background it is marked with an asterisk. A noteworthy fact which I will
exploit later is that only 37 out of the 196 junction labels can occur on the
scene/background boundary.

2.2.4 Shadows at Trihedral Vertexes

To find all the variations of these vertexes which include shadow edges, first
note that vertexes with 1, 2, 6, or 7 octants filled cannot cause shadows such
that the shadow edges appear as part of the vertex. This can be stated more
generally: in order to be a shadow-causing vertex (i.e., a vertex where the
caused shadow edge radiates from the vertex) there must exist some viewing
position for the vertex from which either two concave edges and one convex
edge or one concave edge and two convex edges are visible. Consider the
geometries listed in Fig. 2.8. First, a shadow-causing edge must be convex.
Second, unless there is at least one concave edge adjacent to this convex edge,
there can be no surface which can have a shadow projected onto it by the
light streaming by the convex edge. Finally, a junction which has one convex
and one concave edge must have at least one other convex or concave edge,
since the convex edge and concave edge define at least three planes which
cannot meet at any vertex with only two edges. '

This immediately eliminates 73 out of 196 of the labelings from
consideration. A listing of all the shadow-casting junctions can be constructed
in the manner illustrated in Fig. 2.10; for each potential shadow-causing

To find all the shadow possibilities for a junction, first
imagine it as part of an object, and define a coordinate
system centered at the junction.

Octont -
(o
Octant
T~ am
Octont -
(oon _-7 = _
g Octant -
(on

Then imagine the light source to be in each of the four octants.

Light in (007)
{no shadow edges
visible at vertex)

Fig. 2.10
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Fig. 2.11
This interpretation is prevented by adding L and
R marks to the shadow junctions at A and B
respectively so they no longer can match.

vertex, imagine the light source to be in each of the octants surrounding the
vertex, and record all the resulting junctions. I have marked each shadow edge
which is part of a shadow-causing junction with L or R, according to whether
the arrow on the shadow edge points counterclockwise or clockwise
respectively. '

Any junction which contains either a clockwise shadow edge, marked R,
or a counterclockwise shadow edge, marked L, is defined as a shadow-causing
junction. The reason for distinguishing between the L and R shadow edges is
that this prevents labeling an edge as if it were a shadow caused from both its
vertexes. Without this device there would be no way to prevent Fig. 2.11
from being labeled as shown, with line segment L-A-B interpreted as a
shadow edge. (I use L- as a prefix to mean “line segment(s) joining the
following points™; thus L-A-B is the line segment joining points A and B.)
When the L and R marks are attached to each shadow-causing junction, then
the two shadow-causing junctions at A and B in Fig. 2.11 are no longer
compatible, and therefore the labeling shown will not be considered possible
by the program.

2.2.5 Other Nondegenerate Junctions

I now must describe vertexes which do not fall into the categories I have
described so far. These include (1) all the rest of the combinations that
shadow edges can form and (2) obscured edges.

In Fig. 2.12 I show all the other nondegenerate vertexes which involve
shadow edges, and in Fig. 2.13 I show all the obscured edges.

Later J return to the topic of junction labels and show how it is possible
to also include junctions representing common degeneracies and accidental
alignments as well as junctions with missing lines. In the degenerate cases T do
not include every labeling possibility; instead I include the most common
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Fig. 2.12 (continued)

occurrences using certain observations about junctions. This is important since
I do not want to limit the program to any particular set of objects.
Fortunately certain types of junctions are rareé no matter what types of

objects are in a scene. For example, many junctions can only occur when the
eye, light, and object are aligned to within a few degrees; when these

These can occur on the scene/background boundary.

This can occur only in the scene interior.

§d

Fig. 2.13
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junctions also contain unusual or aligned edges the combined likelihood of the
junctions is low enough so that they can be safely omitted. It will be shown
that the program can still give information about junctions even if they do
not have proper labelings listed in the data base, provided that not too many
of these occur together in a single scene. This approach is reasonable since any
additional ability to use stereo images or to move the eye or range-finding
ability will allow a program to disambiguate most of these types of features.

2.2.6 A Class of Degeneracies

As a final topic, I include one type of degeneracy which cannot be resolved
by eye motion or stereo. This type of degeneracy results when the light
source is placed in the plane defined by one of the faces of an object. In this
case, shadows are aligned with edges to produce junctions which are
unlabelable given only the normal set of labels described so far. Two examples
of such alignment are shown in Fig. 2.14(a) and (b); all junctions of this type

(b)

(c) (d)

(e)
Fig. 2.14
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are included in the data base except those cases where a shadow edge is
projected directly onto an edge of some other type as in Fig. 2.14(c). These
cases are excluded since they would require me to define new edge labels
which are of very limited value, although there is no technical difficulty in
defining such edges and junctions. I also have excluded, for the time being,
cases like the one shown in Fig. 2.14(d), since the two junctions marked only
appear to be T junctions when the eye is in the plane defined by the light
source and the shadow-causing edge (L-A-B or L-C-D in Fig. 2.14(d). If the
eye is moved to the right, the shadow-causing junctions change to ARROWs
or FORKSs as illustrated in Fig. 2.14(e). In contrast, notice that for the scenes
shown in Figs. 2.14(z) and (b), no change in eye position can make any
difference in the apparent geometry of the shadow-causing junctions.

Later I consider some of the common nontrihedral junctions which the
program ‘is likely to encounter. Some of these require me to define extra
labels.

The grand total number of legal trihedral junctions listed in this section
is 505. The interesting thing in my estimation is that the number of junction
labels, while fairly large, is very small compared to the number of possibilities
if the branches of these junctions were labeled independently; moreover, even

Some common nontrihedral vertexes

Fig. 2.15



Understanding Line Drawings of Scenes with Shadows 43

though I have not yet shown how to include various degeneracies and
alignments, the set I have described already is sufficient for most scenes which
a person would construct out of plane-faced objects, provided that he did not
set out to deliberately confuse the program.

Since it may not be obvious what types of common vertexes are
nontrihedral, Fig. 2.15 contains a number of such vertexes. Later sections
show how to handle all of them.

2.3 USING ILLUMINATION

It would be hard to devise a program which could start with a few pieces of
information and eventually yield the list of junctions described in the last
section. Moreover, even if such a program were written (which would indeed
be theoretically interesting), it would be rather pointless to generate labels
with it every time the labels are needed in an analysis. Instead the generating
program could run once and save its results in a table. In this form the
junction labelings table is a sort of compiled knowledge, computed once using
a few general facts and methods. The knowledge in the current program is
almost totally in this compiled form; this is the reason for its rapid operation,
but I have paid a price for this speed in that I require a large amount of
memory (about 14,000 words) to store the junction labelings. (All the rest of
the labeling program occupies only about 4,000 words of memory even
though it is written in MICRO-PLANNER and LISP, neither of which is
particularly noted for space efficiency.)

2.3.1 Region llumination Values

Each region can be labeled as belonging to one of the three following classes:

I-Illuminated directly by the light source.
SP—A projected shadow region; such a region would be illuminated if no
object were between it and the light source.
SS—A self-shadowed region; such a region is oriented away from the
light source.

Given these classes, I can define new edge labels which also include
information about the lighting on both sides of the edge. Notice that in this
way I can include at the edge level (a very local level) information which
constrains all edges bounding the same two regions. Put another way,
whenever a line can be assigned a single label which includes this lighting
information, then a program has powerful constraints for the junctions which
can appear around either of the regions which bound this line.

Figure 2.16 is made up of tables which relate the region 111ummat10n
types which can occur on both sides of each edge type. For example, if either
side of a concave or crack edge is illuminated, both sides of the edge must be
illuminated.
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2 I ! I |
1 I S _sp - sP — sP - P
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sS SS ) SS
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2
| SP SS
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+ : I

SP | Yes | No No
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c.l. = clockwise

Fig. 2.16
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sP _ SP
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Fig. 2.16 (continued)

These tables can be used to expand the set of allowable junction labels;
the new set of labels can have a number of entries which have the same edge
geometries but which have different region illumination values. It was very
easy to write a program to expand the set of labelings; the principles of its
operation are (1) each region in a given junction labeling can have only one
illumination value of the three, and (2) the values on either side of each line
of the junction must satisfy the restrictions in the tables of Fig. 2.16.

There are two extreme possibilities that this partitioning may have on
the number of junction labelings now needed to describe all real vertexes:

1. Each old junction label which has n concave edges, m crack edges, p
clockwis€ shadow edges, q counterclockwise shadow edges, s
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obscuring edges and t convex edges will have to be replaced by
20"6™3P399%8t new junctions, or

2. Each old junction will give rise to only one new junction (as in the
shadow-causing junction cases).

If (1) were true then the partition would be worthless, since no new
information could be gained. If (2) were true, the situation would be greatly
improved, since in a sense all the much more precise information was
implicitly included in the original junctions but was not explicitly stated.
Because the information is now more explicitly stated, many matches between
junctions can be precluded; for example, if in the old scheme some line
segment L1 of junction label Q1 could have been labeled concave, as could
line segment L2 of junction label Q2, a line joining these two junctions
could have been labeled concave. But in the new scheme, if each junction
label gives rise to a single new label, both L1 and L2 would take on one of
the twenty possible values for a concave edge. Unless both L1 and L2 gave
dse to the same new label, the line segment could not be labeled concave
using Q1 and Q2. The truth lies somewhere between the two extremes, but
the fact that it is not at the extreme of (1) means that there is a net
improvement. In Fig. 2.17 I compare the number of labels before and after

Total number of labels in data base for each junction type
Number of labels Number of labels

Junction before adding region including region

type ilumination illumination

L 24 92

ARROW 24 86

T 91 623

FORK ‘ 116 4 826

PEAK 10 10

K 42 213

X 129 435

XX 40 128

MULTI 96 160

KA 20 20

KX 60 76

KXX . 25 121

SPECIAL 40 466

Totals 717 3,256

Fig. 2.17
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Background Scene

Can be labeled only in one of the following ways:

Fil I{SP 1SS 1} 1fsP  1|]SP 1{SP
R L

Fig. 2.18

adding region illumination information. Although there are 505 distinct
labelings before adding illumination, the actual total number of labels shown
in larger. This is because different permutations of labels count as different
elements in some of the label lists for the junctions. The total number of list
elements needed to represent the 505 labelings is 717, and this number
expands to 3,256 when the region illumination information is added to the
labelings.

I have also used the better descriptions to express the restriction that
each scene is assumed to be on a horizontal table which has no holes in it and
which is large enough to fill the retina. This means that any line segment
which separates the background (table) from the rest of the scene can only be
labeled as shown in Fig. 2.18, Because of this fact the number of junction
labels which could be used to label junctions on the scene/background
boundary can be greatly restricted.

2.3.2 Labeling Junctions with IHlumination

Given tables of allowable region illumination values (Fig. 2.16), it is easy to
show how to write a program which expands the data base to include this
information.

In order to include illumination information in the data base, I merely
append the region illumination value names to the name of each label. Thus I
subdivide each label type (except shadow edge labels) into a number of
possibilities. Expanding the number of line labels does not increase the total
number of junction labels as much as one might imagine. (See Fig. 2.17.) The
largest possible number of illumination interpretations for any junction is 3",
where n is the number of junction branches. A number of T junctions actually
have 27 interpretations (for example, this is true of any T made up of three
occluding edges).

A little cleverness is required to avoid duplicate labelings when including
the different permutations of X junctions. This is because some X junctions
give rise to two elements in the X labelings list, while the rest add only one
element. Figure 2.19(b) shows an X junction which requires two elements to
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(a) {b)

D 8 and

are both possible labelings

are both
possibie

labelings,

are not.

to see why, separate the crack labels:

NS

SR
e —

Fig. 2.19

be added to the list, while Fig. 2. 19(c) shows two labelings which each add
Most shadow X junctions give rise to two
elements in the data base, and most junctions without shadows give rise 10

only one element to the data base.

one.

It is now possible to describe how the program handles each j

encounters:

1 If the ]unctlon is an L, ARROW, T,

uniquely orders the junction’s line segmen
the rest as orde

line segment and considering
direction from this line segment).

2. If the junction is a FORK, MULTI, or

segment arbitrarily.

ait of

these are
possible
labelings

for FORKS
and ARROWS

but

neither of
these
labelings
is a
possible
one

K, PEAK, X, KX, or KXX, it
ts (by choosing 2 particular
red in a clockwise

XX, it chooses one line

unction it
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3. It then fetches a list of labels which contains every possible set of
assignments for the lines (excluding the possibilities of accidental
alignments and degeneracies and junctions with missing lines) and
associates this list with the junction.

It makes absolutely no difference whether the program obtains this list
from a table (the compiled knowledge case) or whether it must perform
extensive computations to generate the list (the generated knowledge case).
Similarly, it does not matter at all that various members of the list bear a
particular relation to each other, e.g., as in the case of a FORK junction,
where most elements of the list have two other elements which are
permutations of the element. When I return to the issues of degeneracies,
accidental alignments and missing lines, all I need to show is how the labelings
corresponding to these cases can be added to the appropriate junction lists.
The machinery to choose a particular element operates independently of just
what the labelings actually are.

24 SELECTION RULES

Now that I have shown how to generate a large number of possible labels for
a junction, I will show how to go about eliminating all but one of them. The
strategy for doing this involves:

1. Using selection rules to eliminate as many labels as possible on the
basis of relatively local information such as region brightness or line
segment directions.

2. Using the main portion of the program to remove labels which
cannot be part of any total scene labeling.

2.4.1 Region Brightness

If I know only that line segment L-A-B is a line in a scene, then it can
theoretically be assigned any of the 57 possible labels. Once I know that
L-A-B has an ARROW at one of its ends as shown in Fig. 2.20(b), the
number of possibilities drops to 19. Suppose that I know, in addition, the
relative brightness of R1 and R2 in the neighborhood of L-A-B in Fig.
2.20(c). There are three possibilities:

1. R1 is darker than R2,
2. R2 is darker than R1, or
3. the brightness of R1 is equal to the brightness of R2.

If (1) is true, I know for certain that if L-A-B is a shadow edge, then
R1 must be the shadowed side and R2 the illuminated side. Obviously if (2) is
true, then the opposite holds, i.e., R2 must be the shadowed side and Rl
must be the illuminated side. If (3) is true, then it is impossible for L-A-B to
be a shadow edge at all. (If I happen to also know that each object in a scene
has all its faces painted identically with a nonreflective finish, then I can also
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{a) (b) c

A 0——T——OB A B
57 labels are
possible for L-A-B. D

Only 19 labels
are possible for
L-A-B ifitis
known to be the
middle branch

of an ARROW.
() c (d) c
Rl RI
A B A B
R2
R3 R2
D D
If the brightness If the brightness
is known for R1 of R3 is also
and R2, then no known, then
more than 18 as fewas 5
and as few as and no more
15 labels will . than 18 labels
remain possible. will remain possible.

Fig. 2.20

eliminate more labels. In this case, if (1) is true, then L-A-B cannot be
labeled as a convex edge with region Rl illuminated and R2 shadowed type
sS; if (2) is true, then L-A-B cannot be labeled as convex with R2
Jluminated and R1 shadowed type SS, and if (3) is true, then neither of these
labels is possible.) ‘

2.4.2 Scene/Background Boundary Revisited

It is easy to find all the junctions which can occur around the scene/
background boundary. All that is necessary is to make a list of all the line
segments which can occur along the boundary and then look for segments of
junctions which are bounded by two members of this set.

Junctions which can occur on the scene/background boundary are listed
separately- from junctions which have the same geometry but which cannot
occur on the scene/background boundary. Thus the list of ARROW labels is
divided into ARROW-B, a list made up of those labels which can occur on
the scene/background boundary, and ARROW-I, made up of those which
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The same junctions and edges can border RO as can appear on the
scene/background boundary.

Fig. 2.21

must occur on the interior of a scene. The total list of junctions which can
also appear in the interior of a scene is found by appending ARROW-B to
ARROW-I, since the scene/background labelings can appear on the interior of
the scene as shown in Fig. 2.21. Figure 2.22 lists the number of trihedral
junction labels which can occur on the interior and on the scene/background

Total number of trihedral junction
tabelings which can appear on
Type The The
of interior of scene/
junction ascene background
boundary
L 92 16
ARROW 86 12
T 623 96
FORK 826 26
PEAK 10 2
K 213 2
X 435 72
XX 128 3
MULTI 160 8
KA 20 -
Fig. 2.22 KX 76 8

KXX 121 -
SPECIAL 466 -

° Totals 3,256 245
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Edge of
field of view

By appending all the regions which touch the edge of the field of view,

we obtain all of the background except the small regions R4 and R5.

By finding and continuing collinear obscured line segments (Guzman's
matched T's) these regions can be found and added to the background also.

Fig. 2.23

boundary for each type of junction. The assumption that the light source is
positioned in one of the four octants of space above the support surface '
guarantees that the background is an illuminated region.

Obviously, if I can determine which lines in the line drawing are part of
the scene/background boundary, this knowledge can be used to great
advantage. It is, in fact, not difficult to determine this boundary; any of
several strategies will work. Two examples are: (1) look for regions which
touch the edge of the field of view and append them all together, or (2) find
the contour which has the property that every junction lies on or inside it.

Both of these methods require that the scene be completely surrounded
by the background region or regions. As shown in Fig. 2.23, method (1)
works even if the background is made up of more than one region.

Once the program has found which region is the background region, it
can also find how each junction is oriented on the scene/background
boundary. Some junctions always appear in the same orientation; for example,
ARROW and PEAK junctions can only be oriented so that the background
region is the region whose angle is greater than 180 degrees, and K junctions
can only have the region whose angle is 180 degrees as the background region.

Of course there is no way to easily define the orientations of FORK,
XX, or MULTI junctions. However, as shown in Fig. 224, the L, T, X and
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Junction Distinguishable
type orientations
*
T: )
*
TO TI T2
LO : Ll
‘ \ * *
X:
A
X1 X2 X3 X4
* *
KX: ’
KX1 KX2

* indicates background region

Fig. 2.24

KX junctions which appear on the scene/background boundary can be sorted
according to which of their segments is the background region.

Consider Fig. 2.25. Each of the L, T, and X junctions is marked to
indicate which orientation it has. Figure 726 shows that this distinction
makes a significant reduction in the size of the starting list of label
assignments for these junctions.

= -0

Fig. 2.25
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Number of Number of Number if
labelings labelings on scene/
if in the if on the background
scene scene/ boundary and
interior background orientations
boundary distinguished
T: 623 96 —
T0: * - 14
T1: * — 38
T2: * - 38
L: 92 16 -
LO: * - 9
L1: * - 7
X: 435 72 -
X1: * - 8
X2: ® — 28
X3: * - 28
X4: * - 8
KX: 76 8 -
KX1: * — 4
KX2: * - 4

*There is no way to distinguish a preferred orientation in the
interior of the scene.

Fig. 2.26
5/18
@
7/109
na/us /109
992/1012 '/38/ 809
9/118
147118 A %ﬂ/
5 /10 = ——>9/li8
5/118 51147118 =
RO - —9/1I8
@ 47118 |/|0 77'/809
7717809
®

Fig. 2.27
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2.4.3 An Example

I have now shown how to use selection rules to narrow down the choices for
junction labels on the basis of various kinds of cues from the line drawing. To
give an idea of how much these rules help, look at Fig. 2.27. Next to each
junction I have listed the numbers of labels which are possible for it before
and after applying the selection rules. I have assumed that the program knows
that RO is the support surface and that the circled numbers in each region
indicate the relative brightness (the higher a number, the brighter the region).
Notice that one junction, the peak on the scene/background boundary, can be
uniquely labeled using only selection rules. Most of the interior junctions
remain highly ambiguous.

2.5 THE MAIN LABELING PROGRAM

You will recall that I described at some length a “filter program” which
systematically removes junction labels whenever there are no possible matches
for the labels at adjacent junctions. Now that I have shown a good deal more
about the junction labels and the use of the selection rules, I would like to
treat this program again from a somewhat different perspective.

2.5.1 An Example

Suppose that the program is working on a scene, a portion of which is shown
in Fig. 2.28. Assume that the selection rules eliminate all labels for each type
of junction except those shown at the bottom of the figure. Remember that
the selection rules operate only locally, i.e., they give the same list of
possibilities no matter how the labeling has proceeded or in what order the
junctions are taken. All the step numbers refer to Fig. 2.29, which summarizes
the successive lists attached to each junction:

Step 1 Suppose that the program starts with J2, and that all of the
other junctions are unlabeled. Then the program assigns list L2 to J2, and
since all the other junctions are unlabeled, it has no basis on which to
eliminate any of the labels in L2. As far as the program knows, all of these
labelings are still possible.

Step 2 Now suppose that it next labels J1 by attaching to it the list L1.
When it checks the junctions adjacent to J1 it now can see that J2 has already
been labeled.

Step 3 Therefore the program looks at J2 to find what restrictions, if
any, have already been placed on line segment L-J1-J2. In this case, the
restrictions are that L-J1-J2 must be labeled with either B or C or A or D or
F, i.e., with any letter which appears third in an element of L2. Each element
of L1 which does not have B, C, A, D, or F as its first letter can then be
eliminated. Therefore the program drops (G H), (E A) and (E B) as possibilities
and L1 becornes
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J3
1 J5
J7

Results of Results of Results of
selection selection selection
rules for J1. rules for J2. rules for J3.
(first element {first element {first element
of each refers to refers to
labeling refers L-J2-J3, second L-J3-J7, second
to L-J1-J2, to L-J2-J5, to L-J3-J6,

second to L-J1-J4) third to L-J2-J1) third to L-J3-J2)

L1 = ((A.B) L2 = ((A B B) L3=((ABA)
cA) (GHI)
(A D) B (F B C)
(B B) {F A D) {DBF)
(8 E) {DBF) (ABE)
© F) (DCE)
(F A)
(G H)
(E A}
(E B))
Fig. 2.28

(AB) (AC) (AD) (BB) (BE) (CF) (FA)

Step 4 Now the program uses this same reasoning in the opposite
direction. In what ways, if any, does the fact that J1 must be labeled from
the list restrict the labels of adjacent junctions? Only J2 of the adjacent
junctions has been labeled so far, so only J2 can be affected. The only labels
which are possible for J2 are those elements of L2 which have as a third letter
A or B or C or F. Therefore, the program eliminates (F A D) as a possible
label’and L2 becomes

(ABB) (ABC) (BCA) (DBEF))



Can the program eliminate any other labels because (F A D) has been
eliminated? No, since no other neighbors of J2 except J1 have been labeled,
and the reason (F A D) was eliminated was because it had no counterpart at

J1.
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Step 5 The program now can move on to J3 and label it with L3.

Step 6 Each label for J3 must have a third letter equal to one of the
first letters from a label in L2. These letters are A, B and D. Therefore the
program eliminates (GHI), (FBC), (DBF), (ABE) and (D CG) from L3

and sets L3 to
Labels assigned to
L1 L2 L3
Start - — —
Step 1 - {((ABB)}{ABC) -
(BCA)FAD)
(DBF))
Step 2 ((ABY{ACHAD) {unchanged) —
(BB}(BE)(CF)
(FAMGH)(EA)
(EB))
Step 3 ((AB)(ACHAD) {unchanged) —
(BB)(BE)(CF)
(FA)’
Step 4 {unchanged) ((ABB){ABC) -
{BCA)(DBF))
Step 5 {unchanged) {unchanged) ((ABA)(BCA)
(GHI){FBC)
(DBF){ABE)
(DCE))
Step 6 {unchanged) {unchanged) ((ABA)(BCA))
Step 7 (unchanged) ({(ABB)(ABC)) {unchanged)
Step 8 ((BB}(BE){CF)) {unchanged) (unchanged)
No more labelings can be eliminated
Final
Result ({BB}(BE)(CF)) ((ABB)(ABC)) ((ABA}(BCA))
{
Time

Fig. 2.29







