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. 33 LA nf/qszr\‘rahm’ﬂ Theoﬂml et Ax) be a EIAO
‘(-o(ﬂ\l/‘l& That reprf—_(ent's S(y) m RA (3 hence " ‘PA’B

o Then Ve N Dy Proof () 4) €> PA 1= AGS,) (%)



o Recall d(n) = #A(s,) whut H#AK) = n
(50 A codes Hhe Hremuld A(x)/ and d () codes A(S,O >
o [xE S(*) be the r& relation- Qj?roo{(d(x)/g)
. 33 KA n{)fuer\Jra{-m}/\ Theorem, et A be o 30,
formale Fhat reprsents S ja RA (2 hence n Pa)
e et 6;%'\(3&74\) o A =R 1A (S,)

- Lt 44 ~ P (5)

\— Sovs 4hat T am not vaaU-L“
since A PSe) Saqs the formula encd2d
M Q) -- whidn s g ——1s Not Fmvu’a’l ™ ?A



o [ap  4p) be the ne. celation: '—Z(j?roowc(d(@,g)

. 5 QA nprsertabion Theorem, fet AG) be a3,
3 Jormial o Fhat f‘eprf—_(er\t‘s S(¥> m RA (@ henee " ‘PA’B

o (2t ez # A A =H 1A (S,)
o (ot %é AP (5)
dheoremn PA nsstent => PA I 9

Pe Su(;eose. PA ""
Then sankerce numbtr 4€e)
s PA - AGSe) By -k direchion o 6k)

s PA },qj and \?A ~ j se PA ot ansistyt

{4 Provq[ﬂle./ SO 37« be?f{j(ﬂ)/ ta)
QldS




o [xE S(1) be the r& reladion- Zj?roonf(d(x)/g)

. 33 RA nf/ue/\-kqhml/\ Theozem/ let A(X) be a EIAO
formrla Thet reprf—!er\t's S& M RA (@ htner " ?AB

o (2t ez # A A =H 1A (S,)
. lat 44 PG
#heorem PA onsistent = PA k"a

Pe Su()eose. ?Al—"j . e PA PYOVQS /—\(SQ\
~Then 9«6 Pmo('(o((?),tj) by Al diecha~ (77(>

S« PA p roves ”A(So_‘)
S¢ PA + ﬁ arndh TA }'\"3 . So PA Mot wnsicfent



F_Ovmu\a{.—\'n_«\ Consist ency n PA

Let B<v<,‘33 be o 34, Formuloe thet raprtsemé;
Proo¥ (x’\d,\ in RA (and hus also 1n PA)
Then for e\/er sendence €
PAEc 4> PAF aya(klv)
e~
stunds for B(S#C ,y)

Then  PA+ A (SI\B - 3"& B<Sd(u),‘1-)
[(Qca(\ Aly) rQ()rUe.f\'és —33 B(JCKB)%_>]



F_Ovmu\a{.—\'n_«\ Consist ency n PA

Let B(%,‘) be o 34, Formuloe thet rapmswﬁ;
Proo¥ (x’\d,\ in RA (and hus also 1n PA)

on  for RVer serdence C
Then j PAl-c 4> PA ~ 3‘5,3(#(,‘1)

————
stunds for B(S#C ,\/)
Then  PA+— A (s.) = 3"3 B<Sd(u),‘1—)
[r(ca(\ Aly) rQ()rUe.f\'és —33 B(JCKB)%_>]

Defbine go/\(PA\ é "333(#0%)‘}3



—heoreme TI£ PA s consistant , then PA = on(PA)

Proof .
Man Lemwma : PA l——(cor\ (PA) = 3)

recatl ﬂé "’A(Se_\ e = #1AG) S
2 Cam ~o+/provabla“

£ PA = con (fA) b\a man Lommo, PA Hg

But b:j ?./K\flous heorew\(
PA cansictent = PAY 3

s PA wrivkent => P A con (PA)



Tk s [eFE b prove !

Mairn Lemmo. : PA — con(PA) = g
Lr‘&cadl 3; -»A(sﬁ\ e = #n A(x) 9*1»‘}

2 € am Not »vaa(olQ

Ned ho fo emalize Proo] of 3’6&@(‘5 Tncompliiness Th

~ PA Maun step "« o femalize v TA
et wcrj Erve 30, serdence "« Provab& m RA



